We present upper and two-sided bounds of the exponential growth rate for a wide range of power-free languages. All bounds are obtained with the use of algorithms previously developed by the author. This is not a research paper but rather an appendix to several research papers by the author, see [1] [2] [3] [4] [5] . We put together the best currently known numerical bounds on the growth rate of power-free languages over the alphabets with 2 to 15 letters. Some of these bounds were already published in the mentioned papers, some other are new. All upper bounds are obtained by the algorithm announced in [1] and described in full extent in [4] . For all β-power-free languages with β ≥ 2, the obtained upper bounds were converted to the two-sided ones using the results of [2] .
We present a separate table for binary languages; three other tables are devoted to the languages over different alphabets, avoiding "big", "average", and "small" powers, respectively. All bounds are rounded off to 7 decimal places. For β-powerfree languages with β < 2, we give only upper bounds. We also present our estimation of the actual value of the growth rate of each of these languages; such an estimation is obtained by extrapolation from a series of successive upper bounds.
The growth of some particular power-free languages was extensively studied by different authors. The binary 2 + -power-free language is known to have polynomial growth, so its growth rate equals 1. The same is true for binary (7/3)-power-free language. For the growth rate of the binary cube-free language we present the upper bound 1.4575772869240. The estimated exact value of this growth rate is about 1.4575772869237 (3·10 −13 from the upper bound). The best proved lower bound is 1.4575732 (4·10 −6 from the upper bound). Finally, for the growth rate of the ternary square-free language our best upper bound is 1.301761876, the estimated exact value is about 1.30176183, and the best lower bound is 1.3017597. Table 1 shows the behaviour of the growth rate of binary power-free languages. All points in which the function α(2, β) jumps by at least 0.001 are included in this table. The sum of jumps in these points is about 0.98. Thus, the behaviour of α(2, β) can be seen in details. For β ≥ 7/2, we use lower bounds with "double precision". The validity of such bounds for the case β ≥ 4 was proved in [2] ; the argument of [2] can be strenghthened to lower the bound on β to 7/2. is the exact growth rate of the binary β-free language, rounded off to 7 decimal places. Otherwise, the cell contains the lower and the upper bounds to such a growth rate; these bounds are also rounded off to 7 decimal places. The integer in the same cell is the number m of the corresponding approximation. The amount of jump of the growth rate at the point β is shown in the last column. Our Table 2 contains the growth rates of the β-power-free languages with β ≥ 2. Some obvious laws of the behaviour of the function α(k, β) can be seen in this table; see [5] for details.
In Table 3 we study the powers that are less than 2 but still relatively big. Since the values α(k, 3 2 + ) and α(k, 2) are quite close to each other for any k ≥ 4, we do not consider the powers β such that 3 2 + < β < 2. The laws observed in Table 3 are also explained in [5] .
The results given in Table 4 concern about small power-free languages. It is known from Dejean's conjecture (finally proved in 2009) that the k-ary β-power- free language is infinite iff β ≥ (7/4) + for k = 3, β ≥ (7/5) + for k = 4, and
+ for all other k. To make Table 4 readable, we give the information about the minimal power-free languages over the ternary and quaternary alphabets in the column headed by
+ . The conjectures about the behaviour of the function α(k, β) for the case of small β are given in [3, 5] . Table 3 : Avoiding average exponents: 5/4 ≤ β ≤ (3/2)
+ . First row of each cell contains the best obtained upper bound for the growth rate of the k-ary β-free language, rounded off to 7 decimal places, and the number m of the corresponding approximation. The bottom number in the cell is our approximation to the growth rate of the k-ary β-free language obtained by the extrapolation of the series of upper bounds. Table 4 : Avoiding small exponents: β ≤ (k−3)/(k−4). First row of each cell contains the best obtained upper bound for the growth rate of the k-ary β-free language, rounded off to 7 decimal places, and the number m of the corresponding approximation. The bottom number in the cell is our approximation to the growth rate of the k-ary β-free language obtained by the extrapolation of the series of upper bounds. 
